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Curriculum Standards: SEABES-CCRLS( by SEAMEO-RECSAM (Mangao, Ahmad, Isoda; 2017)
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HOTS is 
Math. T.

Review

Those 
terminology 
distinguish 
tasks and 
explain task 
sequence 
for the 
preparation 
of future 
learning. 

We are reading the JP textbook by using terminology to explain to distinguish every 
content of learning and sequence of content for knowing the way to develop children 
who learn and think by and for themselves through the preparation of future learning.

Using what you already knew on the past 18 lessons!Review
 Participants of 

this program are 
able to imagine 
the ways of 
learning from the 
past process of 
learning. 

 Participants need 
to consider what’s 
new.

What is division with remainder?
Q1. Which situation do you use to teach remainder?:

Partitive Division situation
12 candies distribute 4 children equally. How many candies each child will 
receive.
12÷4＝3, Ans. 3 candies for each child:  4 x 3 =12 in English 

(3 x 4 =12 in Japan)  

Quotative Division situation
There is 12 candies and each child receive 4 candies equally. How many 
children will receive it. 
12÷4＝3, Ans. 3 children:  3 x 4 =12 in English

(4 x 3 =12 in Japan)  

Q2. Please answer (- 5)÷3 

Have you ever discuss the remainder?

(- 5)÷3 ? … Remainder is -2 or +1?

Given an integer n > 1, called a modulus, two integers are said to be congruent modulo n, if n is 
a divisor of their difference (i.e., if there is an integer k such that a − b = kn).
Congruence modulo n is denoted: a ≡ b (mod n)
For example: 1 ≡ -5 (mod 3), i. e. 1 – (-5) = 2 x 3

□ 9 8 7 6 5 4 3 2 1 0 -1 -2 -3 -4 -5 -6

Answer for  □÷3 3 2 2 2 1 1 1 0 0 0 ? ? ? ? ? ? 

Remainder for □÷3 0 2 1 0 2 1 0 2 1 0 ? ? ? ? ? ? 

□ 9 8 7 6 5 4 3 2 1 0 -1 -2 -3 -4 -5 -6

Answer for  □÷3 3 2 2 2 1 1 1 0 0 0 -1 -1 -1 -2 -2 -2

Remainder for □÷3 0 2 1 0 2 1 0 2 1 0 2 1 0 2 1 0

□ 9 8 7 6 5 4 3 2 1 0 -1 -2 -3 -4 -5 -6

Answer for  □÷3 3 2 2 2 1 1 1 0 0 0 0 0 -1 -1 -1 -2

Remainder for □÷3 0 2 1 0 2 1 0 2 1 0 -1 -2 0 -1 -2 0

Permanence 
of Form

Less

Remainder

Q2. Do you teach Less?

A=B x Q +r (r≧0)

Before Division with Reminder: Why we teach it?
Partitive vs Quotative situations 
Integrate as one division operation

Relationship 
between 
division and 
multiplication

Permanence of Form
Proceduralization by
Compare division expressions in order

See division as multiplication

Equivalent 
class of 
division

These are 
necessary 
to find the 
quotient.



24/05/2021

2

Introduction of Division with Remainder
Introduced by quotative
division situation

Extend it to partitive 
division situations

Remainder

Short

Beautifulness of pattern 
by using remainder

Think about how to calculate:
Preparation for long division.
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Gakko Tosho: Study with your friends: 
Mathematics for Elementary School Series

Isoda, M., Tall, D. (2019). Junior High School 
Mathematics Textbook, Gakko Tosho

NEWEST EDITION
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